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O N  A L G E B R AI C A L  C O U P L E S.

[ Fr o m t h e P hil os o p hi c al  M a g azi n e,  v ol. x x vii.  ( 1 8 4 5), p p. . 3 8— 4 0.]

It  is w ort h  w hil e,  i n c o n n e cti o n wit h  t h e t h e or y of q u at er ni o ns a n d t h e r es e ar c h es 
of Mr  Gr a v es  ( P hil. M a g.  [ V ol. x x vi. ( 1 8 4 5), p p. 3 1 5 — 3 2 0]), t o i n v esti g at e t h e pr o-  
p erti es  of a c o u pl e i x- ∖- i y i n w hi c h  i, j ar e s y m b ols s u c h t h at

If

t h e n

I m a gi n e t h e c o nst a nts a, € ... s o d et er mi n e d t h at ⅛  +j y  m a y  h â v e a m o d ul us  of  
t h e f or m K  ( x + ( x +  μ, y)  ; t h er e r es ults o n e of t h e f o ur f oll o wi n g ess e nti all y i n d e- 

p e n d e nt S yst e ms

A.
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The couple may be said to bave the fwo linear moduli, 

as well as the quadratic one, 

the product of these, which is the modulus, and the oiily modulus in the remaining 
Systems.

B.

C.

D.

c. 17
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The formulæ are much simpler and not essentially less general, if ∕λ = — λ. They 
thus become

A'.

(Two linear moduli.)

B'.

C'.

D'.

There is a system more general than (A.) having a single linear modulus q (ΘΧ ÷ F)· 
this is
E.

or, without real loss of generality.
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E'.

Το complete the theory of this system, one may add the identical équation

where

By determining the constants, so that 

reduce itself to the forin A.
the system would

17—2
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