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N O T E  O N  KI E P E R T ’S Z- E Q U A TI O N S,  I N T H E  T R A N S F O R M A TI O N  

O F  E L LI P TI C  F U N C TI O N S.

[ F r o m t h e M at h e m atis c h e  A n n al e n,  t. x x x. ( 1 8 8 7), p p. 7 5 — 7 7. ]

It a p p e a r s, b y  c o m p a ri s o n wit h  Kl ei n ’s p a p e r “ U e b e r  di e T r a n sf o r m ati o n  u.  s. w ∖, "  

M at h.  A n n al e n, t. xι v. ( 1 8 7 8), s e e p. 1 4 4, t h at Ki e p e rt ’s L m a d e  u s e of i n t h e 

M e m oi r  “ U e b e r T h eil u n g u n d T r a n sf o r m ati o n d e r elli pti s c h e n F u n cti o n e n, ” M at h.  

A n n al e n, t. X X VI. ( 1 8 8 6), p p. 3 6 9 — 4 5 4, i s, i n f a ct, t h e s q u a r e of t h e m ulti pli e r,  

“ f u r d a s d u r c h  n o r mi rt e I nt e g r al,” vi z. c o n si d e ri n g t h e g e n e r al q u a rti c f u n cti o n

( a, ...){ x, 1) ^  =  ( a, b, c, d, e}{ x, 1) S a n d t h e t r a n sf o r m e d f u n cti o n { a ,̂...'){ y, 1) ‘, t h e n 

w e  h a v e  

w h e r e  if 

a n d si mil a rl y A,  J ,̂ a r e t h e i n v a ri a nt s of t h e t w o f u n cti o n s, t h e n Δ,  ∆ι  a r e t h e 

di s c ri mi n a nt s
Λ  T > > C ∖ H  T o A  T  Q Λ ∏ 7  T  fi

a n d t h e γ a, 7 3 of  Ki e p e rt ’s e q u ati o n s a r e  

w h e n c e

I n p a rti c ul a r,  if t h e f o r m s a r e
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866] NOTE ON kiepert’s L equations. 491and if as usual k = i?, λ = v^, and M is the multiplier for the form 
then we have 

and thence 
which last equation is the expression for L· in terms of the Jacobian symbols u, v, M.As an easy verification in a particular case, suppose n = 5. We have here 

and it should be possible, by eliminating u, v, M, to deduce hence the Z-equation
It does not seem in any wise easy to do this in the case of an arbitrary modulus; but writing the modular equation in the form 
we satisfy this byor say by 
and the equation may be verified for this particular modulus.We have and consequently
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492 NOTE ON kiepert’s Z-equations. [866Moreover 
and thence 
that is,But we have
and thenceandwhence 
or the Z-equation is satisfied.

Cambridge, 14 March 1887.
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