
68.

TABLES OF GENERATING FUNCTIONS, REDUCED AND 
REPRESENTATIVE, FOR CERTAIN TERNARY SYSTEMS 
OF BINARV FORMS.

^American Journal of Mathematics, V. (1882), pp. 241—250.]

The annexed tables have been calculated under my directions by Messrs 
Durfee and Ely, out of the fund placed at my disposition by the British 
Association for the Advancement of Science in the year 1881. Subsequent 
investigation will be necessary in order to ascertain whether there exist or 
not extra tabular groundforms which escape the operation of tamisage.

G. F. it will be understood stands for the words Generating Function.

System of Two Quadratics and One Quartic.

G. F. for invariants, reduced form.
Denominator : (1 — δ2) (1 — β2) (1 — cZ'2) (1 — d3) (1 — bβ) (1 — bd)

(l-βd) (I — b2d) (1 — β2d).
Numerator:

cP d1 cP d3 cP cP cP cP d3 di

β0 1 β1 1
b0 β1 1 b3 β2 1

β2 1 βs 1
β0 1 β0 1

b1 β1 1 2 β1 1 1
β2 1 1 β2 2 1
β3 1 00 1

G. F. for invariants, representative form.
Denominator : (1 — ό2) (1 — ∕32) (1 — cZ2) (1 — d3) (1 — bβ) (1 — b2d2}

(1 - β2d2~) (1 — δ2d)(l - β2d).
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624 Tables of Generating Functions, etc. [68

Numerator:

d0 d1 cP cP di d5 cP cP cP d3 di d5 d?

Pθ 1 β0
6° β1 bi β1 1

β2 β2

β3 1 β3

βi βi 1

β° β0 1

β1 1 1 βl
61 β2 1 1 1 b3 β2 1 1 1

β3 β3 1 1

βi 1 βi
β°

62 β1 1 1 1

β2

β3 1 1 1

βi

Table of Groundforms.

Deg. in 
coeff’s of 
quadratic

Deg. in 
coeff’s of 
quadratic

Deg. in coeff’s 
of quartic.

0 12 3

0

0

1

2

3

1 1

1 1 1

1

1
0

1

2

1 1 1

1 1 1

2
0

1

1 1 1
1 1 1

3 0 1
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68] Tables of Generating Functions, etc. 625

System of Quadratic, Cubic, and Quartic.

Gγ. F. for invariants, reduced form.
Denominator : (1 — 62) (1 — c4) (1 — <Z2) (1 — (73) (1 — δc2) (1 — δ3c2)

(1 — δfZ) (1 — δ2cZ) (1 — c2cZ) (1 — c2cZ3) (1 — c4d)
(1 — cid3).

Numerator:

d0 d1 dP d8 di ‘cP dβ cP rf8 cP dli cP <P cP cP di d5 d6 cP cP cP dl°

c0 1 c4 1

c2 1 c6 1

0° c4 2 2 2 1 0β c8 2 2 2 1

c6 1 1 1 1 c1° 1 1 1 1

cθ 1 2 2 2 c12 1 2 2 2

c1° 1 c14 1

c« 1 c16 1

c0 1 c2 1
c2 2 4 2 1 c4 1 1
ct 2 2 1 2 1 ,Cβ 2 2 1 1 1

b1 c6 2 3 3 1 1 1 bi c8 1 1 1 1 1
c8

1 1 1 1 1 c1° 1 1 1 3 3 2
c1°

1 1 1 2 2 c12 1 2 1 2 2
c12

1 1 cu 1 2 4 2
c14

1 clβ 1
c0

1 c2 1
c2 2 1 1 1 1 c4 1 2 1 2 2 1
c4 1 1 1 1 1 cβ 1 1 1 1
cβ

1 1 1 c8 1 2 2 1 1
bi cθ

1 1 2 2 1 bi c1° 1 1 1
c1° 1 1 1 1 c12 1 1 1 1 1
c12 1 2 2 1 2 1 c14 1 1 1 1 2

c14 1 clβ 1
c2 1 1 1 1

c4 1 1 1 1

cβ 2 8 2 2 1 2 1 1
b3 c8 1 1 2 1 1 2 1 1

c1°
1 1 2 1 2 2 3 2

c12 1 1 1 1

c14 1 1 1 1

S. III. 40
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626 Tables of Generating Functions, etc. [68

G. F. for invariants, representative form.

Denominator : (1 - δ2) (1 - c4) (1 - <Z2) (1 - <23) (1 - δc2) (1 - δ3c2) (1 - δ2d2) 

(1 - 6M) (1 - c4tZ2) (1 - c2c∕3) (1 - c4cZ) (1 - c4<Z3).

Numerator :

cP d1 d? cP di dβ dβ dl cP d9 d1° cP1

c0 1

c2

O4 1 2 2 1

0° cβ 1 3 2 1
_ _ _ _

c8 1 2 3 1

ciu 1 2 2 1

ou

cu 1

c2 2 3 2 1

c4 2 4 5 3 1

cβ
_ _ _ _ _ —

fe1 c8 1 3 3 3 2 1

ciu 1 2 3 2

cu 1 1 2 2 1

cu

c16 1

c2 2 3 3 1
c4 1 3 4 2, 1 2 1

_ _ _ — —
c 1 2 3 2 1

bi <? 1 3 5 5 2 1 2 1
c10 1 2 8 2 1

cu 1 2 2 1

c14 1 2 2 1 1 1 1

c0 1
_ _ __

ei 1 1 1 1 1

d
_ _ _ —

1 1 2 1 1 3 3 1

cβ 1 2 2 2 2 2 2 1

⅛∙ c8 1 3 β 5 4 2 1
_ _ _

cιu 1 2 1 1 4 4 2

c12 1 2 3 2 2 3 4 8 1

c14 1 2 8 2
_ _

Clβ 1 1 1 1 1

<- d1 d? <r d4 ds dβ J d8 d? d1° dn dli

d 1

cβ 1

c8 1 2 2 1

clθ 1 3 2 1

V c12 1 2 3 1

cu 1 2 2 1

c16

clβ 1

c2 1

c4

0β 1 2 2 1 1

b6 c8 2 3 2 1

c1° 1 2 3 3 3 1

o12

c14 1 3 5 4 2

1 2 3 2

c4 1 1 1 1 2 2 1

cβ 1 2 2 1

1 2 3 2 1

b6 cw 1 2 1 2 5 5 3 1

c12 1 2 3 2 1

cw 1 2 1 2 4 3 1

clβ 1 3 3 2

c2 1 1 1 1 1
c4 2 8 2 1
cβ 1 3 4 3 2 2 3 2 1

bi d 2 4 4 1 1 2 1
clθ 1 2 4 5 β 3 1

o12 1 2 2 2 2 2 2 1 _

c14 1 3 3 1 1 2 1 J√

clβ 1 1 1 1 1

c18 T
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68] Tables of Generating Functions, etc. 627

Table of Groundforms.

Deg. in 
coeff’s of 

Quadratic

Deg. in 
coeff’s of 

Cubic.

Degree in coeff’s of 
Quartic.

0 1 2 3 4 5

0

0

2

4

6

1 1

1

1 1 2 3 2 1

1 3 2 1

1
2

4

1 2 3 2 1

2 4 5 3 1

2
0

2

4

1 1 1

2 3 3 1

1

3
0

2

4

1

1 1 1

1 1

4 2 1 1

System of One Quadratic and Two Quartics.

G. F. for invariants, reduced form.
Denominator : (1 — 62) (1 — δ2) (1 — δ3) (1 — cZ2) (1 — (Z3) (1 — ύδ) (1 — 62δ) 

(1 - bd) (1 - δ2d) (1 - δd) (1 - δ2cZ) (1 - δ<Z2).

40—2
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628 Tables of Generating Functions, etc. [68

Numerator:

d0 <Z1 d2 d? di d5 d6 d0 d1 d2 dθ d4 d? d?
<5° 1 δ2 1
<S1 <5θ

60 a2 1 65 ∂4 1
<s8 <55

∂i 1 <56 1
ό° 1 <51 1
δl 1 1 1 1 o2 1
δ2 1 1 b4 δ9 1 1
<58 1 1 δ4 1 1
<54 1 δ6 1 1 1 1
o5 1 <56 1
<5° 1 <51 1 1
<51 2 1 1 ∂2 1 1

02 <52 1 1 2 b3 <58 2 1
<58 1 2 δ4 2 1 1
04 1 1 <5δ 1 1 2
<55 1 1 <56 1
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68] Tables of Generating Functions, etc. 629

G. F. for invariants, representative form.

Denominator : (1 — δ2) (1 — δ2) (1 — δ3) (1 — df (1 — <Z3) (1 — δ2δ2) (1 — δ2δ) 

(1 - δ2cZ2) (1 - δ2d) (1 - δ<Z) (1 - δ2(Z) (1 - iZ2δ).

Numerator:

dθ <Z1 d2 d3 di d5 <Z6 d1 d2 t∕3 di d5 dβ <f

oθ 1 <58 1
δ1 <S4

δθ <52 1 V <sβ 1
<53 <5β

<54 1 <57 1
oi 1 1 1 δ4 1 1 1

61 δ2 1 1 1 δ6 <56 1 1 1
<53 1 1 1 <5β 1 1 1
δ1 1 1 <51 1
δ2 1 1 <52 1

δ2 δ3 1 1 δ5 δ3 1 1 1
δ4 1 1 1 δ4 1 1
δ5 1 <5δ 1 1
<56 1 <56 1 1
<5° 1 <52 1 1 1
δ1 1 1 1 1 δθ 2 2 1

0s <52 1 1 1 2 1 04 <54 1 2 3 1 1
δ3 1 1 3 2 1 δ5 1 2 1 1 1
δ4 1 2 2 δ6 1 1 1 1
<5δ 1 1 1 δ7 1
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630 Tables of Generating Functions, etc. [68

Table of Groundforms.

Deg. in 
coeff’s of 
quadratic.

Deg. in 
coeff’s of 
quartic.

Deg. in coeff’s 
of quartic.

0 12 3

0

0

1

2

3

1 1

1 1

1 1 1

1

1

0

1

2

3

1 1 1

1 1 1

1 1

2
0

1
2

1 1 1

1 1 1

1 1

3

0

1

2

3

1

1 1

1

1

System of Three Quartics.

G. F.for invariants, reduced form.

Denominator: (1 — 32) (1 — 33) (1 — δ2) (1 — δ3) (1 — d2) (1 — d3)
(1 - 3δ) (1 - 3d) (1 - δd) (1 - 32d) (1 - 3d2)
(1 - 32δ) (1 - 3δ2) (1 - δ2d) (1 - δd2).
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Numerator :

d0 d1 cP cP di d5 dβ cP ds dl (P cP <F d5 dβ <? cP

1 si 1

<sl δ6

a2 t δ5 1

aθ δ8 aβ 37

δ4 1 δβ 1

<sι 1 1 ∂2 1

∂2 1 1 δ3 1

38 1 1 δ4 1 1 1

a1 δ4 1 1 1 37 δ6 1 1

δδ i δβ 1 1

δβ 1
δ7 1 1

30 1 δι 1

31 1 1
δ2 1 1 1 1

a2 1 1 1 1 1 δθ 1 1 2 2 1

32 33 ' 1 1 2 1 a6 δ4 1 2 3 1

0i 1 3 2 1 δ5 1 2 1 1

35'
1 2 2 1 1 δβ 1 1 1 1 1

∂6 1 1 1 1 δ7 1 1

37 1 δ8 1

δ1 1 1
δ1 1

δ2 1 1 2 1 δ2 1 2 2 1 1

a8 ∂3 1 1 4 3 1 a5 δ3 2 3 3 2

δi 1 1 4 5 2 1 δ4 1 2 5 4 1 1

δ5 2 3 3 2 δ5 1 3 4 1 1

δ6 1 1 2 2 1 δ6 1 2 1 1

8l 1
δ7 1 1
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632 Tables of Generating Functions, etc, [68

Numerator—Continued:

dθ d1 di d3 di d5 dc <F d8

a0 1

aι 1 1 1

<5β 1 3 2 1

<53 1 1 4 5 2 1

1 3 5 5 3 1

∂5 1 2 5 4 1 1

δ6 1 2 3 1

37 1 1 1

o8 1

Representative form same as red,need form.

Table of Groundforms.

Deg. in 
coeff’s of 
quartic

Deg. in 
coeff’s of 
quartic

Deg. in coeff’s 
of quartic.

0 12 3

0

0

1

2

3

1 1

1 1

1 1 1

1

1
0

1

2

1 1

1 1 1

1 1 1

2
0

1

2

1 1 1

1 1 1

1 1

3 0 1
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